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Abstrakt
Tato bakala´rˇska´ pra´ce se zaby´va´ pouzˇit´ım Elipsometrie Muellerovy´ch matic k charakterizaci
specia´ln´ıch vzork˚u. To zahrnuje meˇrˇen´ı na elipsometru RC2 Woollam a na´sledne´ zpracova´n´ı
nameˇrˇeny´ch dat v softwaru CompleteEase. V te´to pra´ci jsou zkouma´ny 3 typy vzork˚u a to
syste´m tenky´ch vrstev Au/Cr na skleneˇne´m substra´tu, vzorky Sn vrstev o tlousˇtˇka´ch 10, 20, 50
a 110 nm na skleneˇne´m substra´tu a anizotropicky´ BBO krystal. K charakterizaci vzork˚u bylo
potrˇeba zvla´dnut´ı specia´ln´ıch technik Elipsometrie Muellerovy´ch matic, jako je meˇrˇen´ı odrazem
skrze substra´t, analy´za simulta´nn´ım fitem dat z neˇkolika r˚uzny´ch meˇrˇen´ı a meˇrˇen´ı a modelova´n´ı
anizotropicky´ch vzork˚u. Vy´sledkem pra´ce je vytvorˇen´ı opticky´ch model˚u popisuj´ıc´ıch chova´n´ı
vzork˚u a popis dielektricky´ch funkc´ı Au a Sn.
Kl´ıcˇova´ slova: elipsometrie, elipsometrie Muellerovy´ch matic, BBO, Sn vrstvy, Au vrstvy,
odraz skrze substra´t, CompleteEase, beta baryum borate, tenke´ vrstvy
Abstract
The bachelor thesis deals with use of Mueller matrix Ellipsometry for characterization of special
samples. It involves experimental measurement using RC2 Woollam ellipsometer and subsequen-
tal data analysis using CompleteEase software. Three types of samples are analyzed in this thesis,
Au/Cr multilayer on a glass substrate, Sn thing layers 10, 20, 50 and 110 nm thick on a glass
substrate and nonlinear BBO crystal. To characterize measured samples special techniques of
Mueller matrix Ellipsometry had to be understood, like measurement using glass-side illumina-
tion, simultaneous fit of several different data sets and measurement and modeling of anisotropic
samples. As a result of this thesis, the optical models characterizing samples‘ behaviour were
constructed and the dielectric functions of Au and Sn were described.
Keywords: ellipsometry, Mueller matrix ellipsometry, BBO, Sn layers, Au layers, glass-side
reflection, CompleteEase, beta baryum borate, thin layers
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List of symbols and abbreviations
Vectors and matrices ... bold
Scalars .. italic
BBO .. Beta baryum borate
MSE .. Mean square error
〈〉 .. temporal or spacial averaging
a∗ .. complex conjugate⊗
.. Kronecker product
Ψ,∆ .. Ellipsomteric angles
EMA .. Effective medium approximation
ε .. the dielectric function
ψ, φ, θ .. Euler angles
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1. Introduction
The ellipsometry has gone through rapid advancement in recent years with the development
of new generation of Mueller matrix ellipsometers. It is now possible to measure all Mueller
matrix elements in a matter of seconds. This fact allows the use of Mueller matrix ellipsometry
for the real time ex and in situ measurements of whole variety of samples, depolarizing and
anisotropic samples included. One of the most attractive applications of ellipsometry for industry
is the real time monitoring of the thin film growth, [1] or even more complicated systems as
nanoparticles [3] and nanotubes. [2]
Even though ellipsometry is a powerful analysis method, there are still limitations of its use.
In cases when many parameters of the system are unknown the analysis can prove to be rather
difficult and calculated data can be highly correlated. To overcome this problem, new approaches
are being developed. One of these methods is an analysis using the glass side illumination, as
has been shown in several published articles [4] [5] [6]. In this method the sample is illuminated
through the substrate and even samples with high surface roughness or thick oxide layers can be
analyzed.
In my thesis I discuss the theoretical background for data analysis of optical systems using
Mueller matrix ellipsometry and then analyse several samples, Au/Cr/glass multilayer, oxidized
Sn layer on glass substrate and anisotropic BBO crystal. The goal of measuring Au/Cr/glass
sample is to precisely describe the system and to obtain the dielectric function of gold layer for
further research. First, the glass substrate is modeled separately and then the data from regular
reflection, glass side illumination and transmission are fitted simultaneously to obtain the best
fit for the sample.
The second sample is oxidized Sn layer on the glass substrate. Sn has been recently re-
searched as one of possible catalysts during silicon nanowires synthesis for new generation of
solar cells. [7] During this process the metal catalyst is deposited on the substrate. Upon heating
the small metal droplets are formed from the metal layer. In the next step the vapour precursors
are introduced and it leads to incorporation of precursor inside the catalyst. Precursor then
12
precipitates at the surface-catalyst interface and Si nanowires are grown. For the proper opti-
mization of Si nanowires the distribution and the density of metal droplets becomes important.
If we would understand the optical properties of Sn thin films and metal droplets, ellipsometry
could be used for an in situ analysis of growing Sn. This sample is also modeled by simultaneous
fit of the data from the regular reflection and glass side illumination, however its data analysis
is more complicated due to the high surface roughness and an oxide layer of unknown thickness.
The last sample to be analyzed in this thesis is an anisotropic BBO crystal widely used in
non-linear optics. The goal is to understand the data analysis of anisotropic samples and to
model its behaviour.
In the first section the basic physics of polarized light and propagation of light in anisotropic
media are described. Second section describes Mueller matrix ellipsometry, general approach and
dielectric function models used in data analysis. Depolarization effects, as they are significant
while measuring data through a thick substrate, are also described. In the third, fourth and fifth
section the data analysis of measured samples is performed.
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effiecients are defined.
rp =
Erp
Eip
=
nt cos θi − ni cos θt
nt cos θi + ni cos θt
, (2.2)
tp =
Etp
Eip
=
2ni cos θi
nt cos θi + ni cos θt
, (2.3)
rs =
Ers
Eis
=
ni cos θi − nt cos θt
nt cos θi + nt cos θt
, (2.4)
ts =
Ets
Eis
=
2ni cos θi
ni cos θi + nt cos θt
, (2.5)
These relations are derived using boundary conditions of Maxwell equations, which requires
that tangential components of E and H are continuous at the interface. As we can see, p-
(in the plane of incidence) and s-polarizations (perpendicular to the plane of incidence) behave
differently. Reflection and transmission are in general complex numbers
rp = |rp|exp(iδrp) rs = |rs|exp(iδrs) (2.6)
tp = |tp|exp(iδtp) ts = |ts|exp(iδts) (2.7)
From these equations we can interpret change of light upon reflection as change in amplitude
nad change in phase of reflected light. This distinction is crucial for ellipsometric measurements.
However, in reality we are only able to measure intensities, so reflectance and transmitance
must be defined.
Rp =
Irp
Iip
= |rp|
2 (2.8)
Rs =
Irs
Iis
= |rs|
2 (2.9)
In the case of transmitance cross-sections also needs to be considered.
Tp =
<(nt cos θt)
<(ni cos θi)
|tp|
2 (2.10)
Ts =
<(nt cos θt)
<(ni cos θi)
|ts|
2 (2.11)
2.2 Jones calculus
Polarization of light can be understood as superposition of two waves oscillating in per-
pedicular directions. The Jones vector and Jones matrixes are usefull way of describing this
phenomenon. Supposing we have the monochromatic plane wave travelling in z-direction oscil-
lating along x and y axis. We can describe this state of polarization as
J =

Ex
Ey

 =

Ex0 exp(iδx)
Ey0 exp(iδy)

 (2.12)
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It is important to note that only fully polarized light can be described using the Jones vectors. To
calculate the intensity of light, we have to multiply the Jones vector with its Hermitian adjoint
I ∼ J†J = ExE
∗
x + EyE
∗
y (2.13)
Upon interaction with the sample, light undergoes linear transformation. This interactions
can be easily described using Jones matrixes.
Ex‘ = J11Ex + J12Ey Ey‘ = J21Ex + J22Ey (2.14)

Ex‘
Ey‘

 =

J11 J12
J21 J22



Ex
Ey

 (2.15)
For example linear a polarizer along x axis can be described as
J =

1 0
0 0


When dealing with multiple transformation, the total transformation is obtained by
J = JnJn−1...J2J1 (2.16)
2.3 Jones matrices of samples
In general, the Jones matrix corresponding to transformation by reflection off the sample is
described by 
Erp
Ers

 =

rpp rps
rsp rps



Eip
Eis

 (2.17)
For isotropic sample the matrix simplifies to
Erp
Ers

 =

rp 0
0 rp



Eip
Eis

 (2.18)
For example, if we assume incident light Eip = Eis = 1, reflected light will be transformed into
Erp
Ers

 =

rp 0
0 rp



Eip
Eis

 =

rp
rs

 (2.19)
Matrix parameters can be calculated using thin layer optical models and then we can model
behavior of the sample.
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2.4 Stokes vector
Jones vectors are useful tool for describing totally polarized light but they can not describe
unpolarized or partially polarized light. To handle such states, the Stokes vector needs to be
used. Stokes vector has four parameters and deals with intensities.
S0 = Ix + Iy = 〈ExE
∗
x + EyE
∗
y〉, (2.20)
S1 = Ix − Iy = 〈ExE
∗
x − EyE
∗
y〉, (2.21)
S2 = I+45◦ − I−45◦ = 〈ExE
∗
y + EyE
∗
x〉, (2.22)
S3 = IR − IL = i〈ExE
∗
y + EyE
∗
x〉, (2.23)
where Ix, Iy, I+45◦ and I−45◦ represents intensities of polarization in x, y, +45
◦ and -45◦ direction.
IR and IL represents intensities of right- and left-circular polarization states. For totally polarized
light the following equation must be satisfied
S20 = S
2
1 + S
2
2 + S
2
3 (2.24)
and for partially polarized light holds
S20 > S
2
1 + S
2
2 + S
2
3 (2.25)
It is convinient to describe degree of polarizazion as
p =
√
S21 + S
2
2 + S
2
3
S0
, (2.26)
Therefore, for totally polarized light p = 1 and for unpolarized light p = 0. Stokes vector and
its corresponding state of polarization can be also represented visually with the Poincare´ sphere.
Last three parameteres of Stokes vector represent a point on the surface of the sphere, in
the case of totally polarized light, or point inside of the sphere in the case of partially polarized
light. Unpolarized light is described by the origin. Points on the equator of the sphere repre-
sent linear polarization states, points on the north hemisphere are left-elliptical states, on the
south hemispehere right-elliptical states and points on the poles represent corresponding circular
polarization states. The radius of the sphere can be normalized or defined as r = S0.
2.5 Mueller matrix
Similarly as Jones matrices describe transformation of Jones vectors, Mueller matrices are
used to describe transformation of Stokes vectors. This 4×4 matrix is able to describes not only
17

C represents the coherency vector. This vector also fully describes any polarization state as it
containts second moments of electric field distributions. This vector can be easily transformed
to Stokes vector (x-axis aligned with p- and y-axis with s-)
S =


〈EpE
∗
p + EsE
∗
s 〉
〈EpE
∗
p − EsE
∗
s 〉
〈EpE
∗
s + EsE
∗
p〉
i〈EpE
∗
s − EsE
∗
p〉


= AC, (2.31)
where
A =


1 0 0 1
1 0 0 −1
0 1 1 0
0 i −i 0


. (2.32)
From these equations we obtain that
M = AFA−1 = A(J ⊗ J∗)A−1. (2.33)
For isotropic nondepolarizing samples the Mueller matrix becomes
M ≈


1 −N 0 0
−N 1 0 0
0 0 C S
0 0 −S C


(2.34)
where
N = cos 2Ψ (2.35)
S = sin 2Ψ sin∆ (2.36)
C = sin 2Ψ cos∆ (2.37)
tanΨ exp(i∆) =
C + iS
1 +N
(2.38)
2.7 Anisotropic media
In the case of the isotropic medium, the electromagnetic wave can be divided into two
arbitrary independent orthogonal eigenmodes, which propagate through the medium without
any change. However, this is no longer truth for an anisotropic medium where exists only two
19
independent eigenmodes. Furthermore, the dielectric constant is different for both eigenmodes.
The wave equation for the anisotropic medium is
k20 εˆE0 − k
2.E0 + k.(kE0) = 0 (2.39)
where
k = kxx+ kyy + kzz = k0 (Nxx+Nyy +Nzz) . (2.40)
Let‘s assume an isotropic/anisotropic interface with coordinate system, such that Nz is orthog-
onal to the interface and Nx = 0. The anisotropic medium is then described by the dielectric
tensor εˆ
εˆ =


ε11 ε12 ε13
ε21 ε22 ε23
ε31 ε32 ε33

 (2.41)
and by substituting into (2.41) we get

ε11 −N
2
y −N
2
z ε12 ε13
ε21 ε22 −N
2
z ε23 +NyNz
ε31 ε32 +NyNz ε33 −N
2
y




E0x
E0y
E0z

 = 0, (2.42)
where
Ny = sinα.n (2.43)
α is the incidence angle and n is the index refraction of the isotropic medium. This equation has
non-trivial solutions only if det() = 0, so by solving
ε33N
4
z + (ε23 + ε32NyN
3
z − [ε22(ε33 −N
2
y ) + ε33(ε11 +N
2
y )− ε13ε31 − ε23ε32]N
2
z
−[(ε11 −N
2
y )(ε23 + ε32)− ε12ε31 − ε23ε13]NyNz + ε22[(ε11 −N
2
y )(ε33 −N
2
y )− ε12ε21]
−ε12ε21(ε33 −N
2
y )− ε23ε32(ε11 −N
2
y ) + ε12ε31ε23 + ε21ε13ε32 = 0 (2.44)
we get 4Nzi corresponding to 4 propagating waves in the anisotropic medium. Their polarizations
are
ei = C


−ε12(ε33 −N
2
y ) + ε13(ε32 +NyNzi)
(ε33 −N
2
y )(ε11 −N
2
y −N
2
zi)− ε13ε31
−(ε11−N2y −N
2
zi)(ε32 +NyNzi) + ε31ε12

 (2.45)
bi = (Nyy +Nziz)× ei (2.46)
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where C is normalization constant such that ei.ei = 1. It is important to note, that this
expression cannot be used in cases with higher symmetry, when
(ε11 −N
2
y −N
2
zi) = 0. (2.47)
This can be a problem escpecially during computer calculations and such cases must be handled
separately.
2.8 Yeh matrix method
Propagation of monochromatic plane wave in anisotropic layered media can be described by
4× 4 matrix algebra. The boundary conditions require that
E(n−1)x = E
(n)
x , E
(n−1)
y = E
(n)
y (2.48)
H(n−1)x = H
(n)
x , H
(n−1)
y = H
(n)
y (2.49)
is satisfied everywhere in the medium. The electric field in nth layer can be written as
E =
4∑
i=1
E0ei exp{i[ωt− k0(Nyy +Nziz)]}, (2.50)
thus the electric field at the (n-1)/n interface and the electric field at the n/(n+1) interface are
related in the following way.


e
(n−1)
x1 e
(n−1)
x2 e
(n−1)
x3 e
(n−1)
x4
b
(n−1)
y1 b
(n−1)
y2 b
(n−1)
y3 b
(n−1)
y4
e
(n−1)
y1 e
(n−1)
y2 e
(n−1)
y3 e
(n−1)
y4
b
(n−1)
x1 b
(n−1)
x2 b
(n−1)
x3 b
(n−1)
x4




E
(n−1)
1
E
(n−1)
2
E
(n−1)
3
E
(n−1)
4


=


e
(n)
x1 e
(n)
x2 e
(n)
x3 e
(n)
x4
b
(n)
y1 b
(n)
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This equation can be written as
D(n−1)E
(n−1)
0 = D
(n)P (n)E
(n)
0 , (2.52)
where Dn is the Dynamic matrix of nth layer and Pn is propagation matrix of nth layer.
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Let‘s assume we have only a simple interface between two media. Then E0 is during propagation
transformed by
E
(0)
0 =
[
D(0)
]
−1
D(1)E
(1)
0 (2.55)
E
(0)
0 =ME
(1)
0 (2.56)
M =
[
D(0)
]
−1
D(1) (2.57)
M =


M11 M12 M13 M14
M21 M22 M23 M24
M31 M32 M33 M34
M31 M32 M33 M34


(2.58)
where M is total matrix of the whole multilayer system. The same approach can be used
for systems with more layers. From this matrix reflection and transmission coefficients can be
calculated.
rss =
E
(0)
2
E
(0)
1
∣∣∣∣∣
E
(0)
3 =0
=
M21M33 −M23M31
M11M33 −M13M31
(2.59)
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E
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These coefficients can be now used to formulate the Jones matrix of the sample (2.17), from
which the Mueller-Jones matrix can be calculated (2.33). Anisotropic Mueller-Jones matrix is
no longer simple and requiers seven parameters to be fully described.
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3. Ellipsometric measurement and data
analysis
In ellipsometry, we irradiate sample with light waves and from the change of polarization
state we calculate the optical constants or different parameters of the sample. Change of polariza-
tion originates from different behaviour of p- and s-polarizations upon reflection. In traditional
ellipsometry the state of polarization is represented by two quantities, Ψ and ∆.
ρ = tanΨ exp(i∆) =
rp
rs
(3.1)
We can calculate Ψ and ∆ from reflection coefficient as follows
Ψ = tan−1(|ρ|) = tan−1
√
Rp
Rs
(3.2)
∆ = arg(ρ). (3.3)
However, nowadays more advanced ellipsometers are able to measure directly Mueller matrix
elements of the sample.
3.1 Mueller-matrix ellipsometry
There are many types of ellipsometry instruments. Traditionally ellipsometry instruments
measured Ψ and ∆ parameters. However, this approach is not sufficient to characterize depo-
larizing and anisotropic samples. In such cases Mueller-matrix ellipsomtery needs to be applied.
This technique allows direct measurement of Mueller matrix corresponding to the sample.
All ellipsometers consist of a light source, a polarization state generator (PSG) and a polar-
ization state analyzer (PSA). Spectroscopic ellipsometers also use monochromator/spectrograph
in their designs. Propagating light beam changes its state when going through PSG, upon re-
flection from the sample and then when it goes through PSA. The passing beam is modulated
before or/and after the sample and elements of Mueller matrix are calculated from measured
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intensity function. Generally, we can divide ellipsometers into two categories depending on how
the polarization state is modulated. Modulation can be introduced by phase modulation by
applying a mechanical stress, a magnetic or an electric field or by physically rotating optical
elements in PSG or PSA.
Figure 3.1: Three different rotating-elements designs [12]
There are many different designs but two configurations have been widely generalized [12],
due to their ability to access the full Mueller matrix and possibility of real time measurements,
the double rotating-compensator and photoelastic modulator design. Rotating compensator
configuration PCRSCRA consists of two compensators, one placed between polarizer and the
sample at the entry arm and the other between the sample and analyzer at the exit arm. They
rotate synchronously with each other at the specific frequency ratios, 5:l where l = 1, ...,4. This
configuration allows to measure the full Mueller matrix in a single run. The ellipsometers based
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on photoelastic modulators consists four modulators placed between the polarizer and the sample
and between the sample and analyzer, which vibrate at different frequencies. The four modulator
configuration also enables to measure the whole Mueller matrix in a single run.
3.2 General approach in data analysis
To analyze measured data accurately, the layered optical model, which corresponds to the
sample structure, must be built. Each layer is characterized by its thickness and optical constants.
Using created model ellipsometric data are generated and compared to measured data. The
agreement between measured and generated data is then improved by fitting some of the model
parameters and the results are evaluated. If the results are not acceptable, the model or its
parameters must be modified until better fit is acquired.
Data analysis in this thesis is done by CompleteEase software. Using this software even
more complex phenomena, such as surface rougness, graded layers, backside reflection, thickness
inhomogenities etc. can be modeled.
To quantify ” a goodness of fit” the MSE value is defined (definition according to the Com-
pleteEase manual)
MSE =
√√√√ 1
3n−m
n∑
i=1
[
(NEi −NGi)
2 + (CEi − CGi)
2 + (SEi − SGi)
2
]
× 1000, (3.4)
where n is the number of measured wavelenghts, m is the number of fit parameters and N, C, S
are components of a Mueller matrix.
The most crucial process of data analysis is evaluating the fit results. To deem a model
acceptable, the following conditions must be met. The generated data must fit measured data,
model should be unique and fitted parameters physical.
3.3 Dielectric function models
In order to model a sample‘s behaviour accurately, it is necessary to obtain realistic dielectric
function of modeled layers from tabulated data sets or by using appropriate model.
3.3.1 Tabulated data sets
One approach is using tabulated data sets of used materials. This can be good starting
point, however one has to be cautious as optical constants of thin films often vary from their
bulk counterparts. Furthermore, thin films are often polycrystalline or amorphous and their
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optical properties vary according to their fabrication conditions. Other effects that can possibly
influence dielectric function are interfaces, which can cause different stress in the material, and
interface layers. Even though many problems can arise while using tabulated data sets, they are
still good starting point during data analysis.
3.3.2 Lorentz model
The Lorentz model is a classical model describing the solid as a collection of non-interacting
oscillators. It assumes that negatively charged electron is bound to the postively charged nu-
cleus by spring like force and oscillates in a viscous fluid. The incoming electric field induces
polarization and electron starts to oscillate.
me
d2x
dt2
= −meΓ
dx
dt
−meω
2
0x− eE0 exp(iωt) (3.5)
The first term on the right side of the equation represents the damping force of the viscous
fluid, where Γ represents damping coefficient. The second term represents the restoring force
of the spring according to Hook‘s law (F = −kx, ω0 =
√
k/m and the last term represents the
electrostatic force. This equation describes forced oscillation of the electron at the same frequency
as the applied electric field. Assuming the solution will be in the form of x(t) = a exp(iωt) and
substituting it into the equation we get
a = −
eE0
me
1
(ω20 − ω
2) + iΓω
(3.6)
The dielectric polarization is expressed as P = ql = −eNex(t), where Ne is electron density.
From these equations we can express dielectric constant as
ε = 1 +
P
ε0E
= 1 +
eNea exp(iωt)
ε0E0 exp(iωt)
=
e2Ne
ε0me
1
(ω20 − ω
2) + iΓω
(3.7)
ε1 = 1 +
e2Ne
ε0me
(ω20 − ω
2)
(ω20 − ω
2)2 + Γ2ω2
(3.8)
ε2 = 1 +
e2Ne
ε0me
Γω
(ω20 − ω
2)2 + Γ2ω2
(3.9)
As we can see the dielectric constant is function of the light‘s frequency and depends on the
resonant frequency of the particular material. Expressing the Lorentz oscillator as a function of
energy, we get
ε(E) = ε(E) = 1 +
A
E20 − E
2 + iΓE
(3.10)
The Lorentz model is not used directly during data analysis in this thesis, however other
models derived from the Lorentz model are.
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3.3.3 Sellmeier and Cauchy model
The Sellmeier model can be applied to model transparent regions and it is derived from
the Lorentz model by assuming the dampening coefficient Γ = 0. We get commonly known
expression
ε = ε1 = A+
Bλ2
λ2 − λ20
(3.11)
By further approximations we get Cauchy model for the refraction index
n = A+
B
λ2
+
C
λ4
... (3.12)
3.3.4 Drude model
The Drude model is used for describing free carrier effects in metals and semiconductors and
is also derived from the Lorentz model, by assuming that electron is free and there is no force
holding it to the nucleus. Therefore ω0 = 0 and we get
ε(E) = ε(E) = 1−
A
E
(
1
E − iΓ
)
(3.13)
3.3.5 B-spline model
The CompleteEase softwares enables use of B-spline model [16] as alternative to both tab-
ulated data sets as to oscillator models. The B-spline model interpolates the dielectric function
by dividing spectral range into series of nodes. The dielectric function between nodes is then
interpolated by the basic spline curve. The resulting curve is produced by adding weighted func-
tions at each node. The B-spline model allows very flexible and continuous curves. Furthermore,
it allows to assume transparent regions, different node spacing, tie-offs beyond the measured
range and other options. It also allows use of Kramer-Kronig mode, when only ε2 spectrum is
interpolated and ε1 is calculated.
3.3.6 Effective medium approximation
The multilayered optical systems often include interface layers such as surface rougness,
inohomogenous oxide layeres etc. Such layers can be analyzed by applying effective medium
theories. The effective medium (EMA) dielectric function is based on dielectric functions of two
or more composite materials. There are free most common effective medium approximations,
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which can be jointly expressed as
〈ε〉 − εh
〈ε〉+ γεh
=
∑
j
fj
εj − εh
εj + γεh
, (3.14)
where 〈ε〉 is the dielectric function of the effective medium, εh is the dielecric function of the
host medium, εj is the dielectric function of the j-th consituent, fj is a volume fraction of j-th
constituent and γ is factor related to the shape of the inclusions. The different models then
differ only by the choice of the host material. Lorentz-Lorentz assumes air as the host material
and so εh = 1. The Maxwell-Garnett assumes that host material is the material with highest
constituent fraction and the Bruggeman model assumes the host material is the effective layer
itself, εh = 〈ε〉. During data analysis in this thesis the Bruggeman model was used.
3.3.7 Kramers-Kronig relations
The real and imaginary parts of the dielectric function are not independent, but must satisfy
Kramer-Kronig relations.
ε1(ω) = 1 +
2
pi
P
∫
∞
0
ω‘ε2(ω
‘)
ω‘2 − ω2
dω‘ (3.15)
ε2(ω) = −
2ω
pi
P
∫
∞
0
ε1(ω
‘)− 1
ω‘2 − ω2
dω‘ (3.16)
The fact that physically correct models must satisfy Kramers-Kronig relations has to be taken
into account while modeling dielectric functions of materials.
3.4 Depolarization effects
Even though the CompleteEase software can model depolarization effects, it is important
to understand their causes and approaches used to include these phenomena in optical models.
In cases when a sample depolarizes light, there is no direct relation between Jones and Mueller
formalism and sample has to be described using Mueller matrices. Depolarization effect of the
sample can be quantified using quadratic depolarization index
Pq =
√√√√
∑
ij
M2ij −M
2
11
3M211
. (3.17)
There are several reasons for depolarization upon reflection:
• backside reflections
• thickness non-uniformity
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• surface roughness
• incident angle variation
• wavelength variation
The depolarization by backside reflection is caused by the long optical pass length through the
substrate. This unables us to define the phase of light at the interface, as it changes with time,
and we need to regard this light as incoherent. Subsequent incoherent integration of the light
coming from the backside and the one reflected from the surface results in partially polarized
light entering the detector. This phenomenon can be amplified by thickness non-uniformity.
The light from one part of light spot experiences different thickness than from the others and
if incoherent condition holds, it undergoes different change of polarization. Reflected light is a
superposition of different polarization states and this results in the quasi-depolarization upon
integration by the detector. When surface roughness is high, multiple reflections can occur before
light reaches detector and some amount of light is scattered and never reaches the detector.
Multiple polarization states are also generated in this case. Incident angle variation has similiar
effect, as it also generates different states, and it can be an issue especially when focusing probe
is used. Depolarization originating from wavelength variation is introduced by monochromator.
Monochromators are not perfectly monochromatic devices so different wavelengths are measured
at the same time by the light detector.
Figure 3.2: Depolarization by backside reflection [13]
There are several methods that can eliminate unwanted depolarization effects. Backside
reflection can be easily eliminated by roughening the back surface, coating it with black paint
so light will be absorbed or using index-matching liquid to couple the substrate with similiar
material and basically removing the interface. Thickness non-uniformity can be minimized by
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focusing the light beam to lower spot size, but it can lead to higher incident angle variation.
Huge surface roughness can be removed by polishing the sample, but it may lead to damaged
interface layer which needs to be accounted for in our calculations. However, sometimes we
cannot optimize sample structure. In such cases depolarization has to be included in our optical
model.
In the case when sample acts as simple depolarizer, its Mueller matrix can be decomposed
as
M = βMJ + (1− β)D = βMJ + (1− β)


1 0 0 0
0 0 0 0
0 0 0 0
0 0 0 0


, (3.18)
where MJ represents Mueller-Jones matrix and β is fraction of polarized light. In case of the
isotropic sample the Mueller matrix is
M =


1 −NS 0 0
−NS β 0 0
0 0 CS SS
0 0 −SS CS


, (3.19)
where
NS = βN,CS = βC, SS = βS, (3.20)
(N2S + C
2
S + S
2
S) = β
2. (3.21)
Similiar approach can be used for modeling thickness non-uniformity. In this case every
parameter needs to be integrated over the distribution of thicknesses. For example
NS =
∫ D2
D1
f(D)N(D)dD, (3.22)
CS =
∫ D2
D1
f(D)C(D)dD, (3.23)
SS =
∫ D2
D1
f(D)S(D)dD, (3.24)
where D is the thickness, f(D) is the distribution function of the thickness.
Treating depolarization caused by backside reflection is slightly different. Light passing
through thick substrate can no longer be treated as coherent and it needs to be incoherently
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In the next step the Mueller-Jones matrix is calculated, as was discussed in the previous chapters.
The Jones matrix of second ray is given as
Ji =

t02p 0
0 t02s



exp(−ikz2d) 0
0 exp(−kz2d)



r23p 0
0 r23s



exp(−ikz2d) 0
0 exp(−kz2d)



t20p 0
0 t20s

 , (3.31)
where kz =
2pi
λ
n2 cosα and
t02 =
t01t12 exp(−ikz1d)
1− r12r01 exp(−i2kz1d)
, (3.32)
t20 =
t10t21 exp(−ikz1d)
1− r21r10 exp(−i2kz1d)
. (3.33)
Again, Mueller-jones matrix is calculated and Mueller matrix describing the whole system is then
obtained.
Ms =Mc +Mi (3.34)
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4. Au/Cr system on the glass sub-
strate
The first sample analyzed in this thesis is Au/Cr multilayer on SF-10 glass substrate. It is a
commercial sample fabricated by company Accurion for the purpose of a using it as a structure
for the surface plasmon sensor. The structure according to the manufacturer is 44,8 nm thick gold
layer and 2 nm thick chromium layer upon SF-10 glass substrate. The goal of my measurement
is to test, whether assumed structure holds and to obtain the dielectric function of the gold layer.
All data were measured using RC2 J.A. Woollam ellipsometer and analyzed using CompleteEase
software.
4.1 Substrate analysis
Before measuring the actual sample, analysis of the substrate without films was conducted.
The ellipsometry data were measured from both sides of the sample by colimated and focused
beam and by transmission. Reflection data were measured at the incidence angles ranging from
40 to 80 degrees with 5 degree step. All measurements were done with 80 seconds acquisition
time and the spectrum ranging from 0,729 to 6,425 eV. Afterwards the substrate was modeled
by a simple substrate/roughness model. All data were fitted simultaneously and the dielectric
funcion of the substrate was modeled by B-Spline (figure 4.4). The fit showed good agreement
(figure 4.1 and 4.2) with measured data with the mean square error (MSE) 2,971.
Table 4.1: Comparison of calculated and tabulated [8] indices of refraction of SF-10 glass
E [eV] Tabulated value Calculated value
1,0096 1,6984 1,6979
3,0903 1,7776 1,7658
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Figure 4.1: SF-10 side 1 fit
(a) NCS elements fit (b) Depolarization fit
Figure 4.2: SF-10 side 2 fit
(a) NCS elements fit (b) Depolarization fit
The model expected different roughness on both sides of the sample, 6,22 on one side and
4,44 on the other side. It is important to note that calculated roughness is only approximate and
all we can say is, that there is thicker roughness on one side than on the other. This conclusion
was then confirmed by AFM (atomic force microscopy, table 4.2).
Figure 4.3: SF-10 dielectric function
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Table 4.2: AFM results
Sample Roughness
SF-10 side 1 21,67 nm
SF-10 side 2 7,3 nm
4.2 Au/Cr system analysis
For the analysis of the actual sample the tabulated [9] dielectric functions of Au and Cr were
used as initial values and the dielectric function of Au was then fitted to obtain more accurate
data. The initial approach was to gain the data characterizing Cr and Au separately by using
beams focused on the glass-Cr and the Au-air interfaces. However this approach proved to be
less precise than simultaneously fitting the data from the transmission intensity, the front-side
reflection and the glass-side reflection measurements (the ellipsometry data are measured by
reflection off the sample through the subsrate and are not influenced by the surface layers).
However, the data from the focused beam measurement were still used to validate model results.
First the simple roughness/Au/Cr/Glass model was used. The Au dielectric function was fitted
using B-spline model with tabulated [9] starting values. This model showed a good fit, however
even better results (figure 4.5 - 4.7) were obtained by incorporating Intermix layers (EMA layer
made of neighboring layers in 50/50 ratio) in Cr/glass and glass/air interfaces (figure 4.4). This
result corresponds to the surface roughness of substrate, as the model calculated 5.12 nm on
one side and 11,03 nm on the other side in agreement with results obtained by analyzing the
substrate alone. All fitted parameters and their results can be seen in figure 4.4.
The dielectric function of gold was then also modeled using oscillator model (Drude + 2 Tauc-
Lorentz oscilators). The resulting fits and dielectric funtions were compared (figure 4.8, table
4.3). The dielectric function of Cr (figure 4.9) was not fitted because of the lower sensitivity of
model to its dielectric function. Fitting also Cr dielectric function would result in high correlation
in the data.
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Figure 4.4: Au/Cr/SF-10 multilayer model
Figure 4.5: Au/Cr/SF-10 multilayer front-side fit
(a) NCS elements fit (b) Depolarization fit
Figure 4.6: Au/Cr/SF-10 multilayer glass side fit
(a) NCS elements fit (b) Depolarization fit
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Figure 4.7: Au/Cr/SF-10 multilayer transmission intensity fit
Figure 4.8: Au dielectric function comparison
Figure 4.9: Cr dielectric function
Table 4.3: Comparison of fits for different optical constants of gold
Au (Palik) [9] Au (B-spline) Au (Osc)
MSE 22,753 13,774 13,779
Roughness 1 nm 1,95 nm 2,19 nm
Au thickness 46,82 nm 42,34 nm 42,31 nm
Cr thickness 1,48 nm 1,75 nm 1,75 nm
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4.3 Conclusion
Obtained results agree with expectation. The system consists of 42,3 nm thick gold layer with
2 nm surface roughness (44,8 nm expected), 1,75 nm thick chromium layer (2 nm expected) and
SF-10 glass substrate with different roughness on both sides. Different dielectric functions of Au
are compared in the figure 4.8 and the fit results in the table 4.3. We concluded, that simultaneous
fit of both-side Mueller-matrix ellipsometry together with normal incidence transmission data
gives a good sensitivity to both upper and lower interface of the thin absorbing film on both side
of the glass substrate.
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5. Thin layers of Sn deposited on
corning glass substrate
In this section the series of Sn layers deposited on corning glass substrate are analyzed, with
the nominal thickness of 10, 20, 50 and 110 nm. The goal is to characterize a dielectric function
of the Sn layers. All data were again measured using Mueller matrix ellipsometry from both sides
of the sample and in transmission intensity mode. The same RC2 J.A. Woollam ellipsometer is
used and data analyzed by the CompleteEase software. The reflection data were measured at
the angle of incidence ranging from 45 to 70 degrees, with 5 degree step in the spectral range
from 0,729 eV to 6,425 eV.
5.1 Substrate analysis
First, the substrate was characterized. We had at our disposal a sample of a substrate
glass with its dielectric function already characterized by different laboratory. For the data
analysis the simple roughness/substrate model was used. All data were fitted simultaneously
using multi-data analysis feature of CompleteEase software with a simple roughness/substrate
model. However, the data showed a slight variation between measured and generated values
while using attached dielectric function. For better match with measured data, the corning glass
dielectric function was fitted by a Tauc-Lorentz oscillator. The MSE improved from 6,591 to
1,139. It shows, that the attached dielectric function does not describe analyzed glass well. In
figures 5.1 to 5.3 the data fits are shown and in figure 5.4 the calculated and attached dielectric
functions of the subtrate are compared.
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Figure 5.1: Corning glass front-side fit using fitted dielectric function
(a) NCS elements fit (b) Depolarization fit
Figure 5.2: Corning glass back-side fit using fitted constants
(a) NCS elements fit (b) Depolarization fit
Figure 5.3: Corning glass transmission intensity fit using fitted dielectric function
41
Figure 5.4: Attached and fitted dielectric function comparison
An interesting effect was observed during the data analysis (can also be observed at the S
element of the Mueller matrix, figure 5.1a and figure 5.2a). The pseudo dielectric function of
the sample varied for different angles of incidence at higher energies. This difference is slightly
above measurement error and can be modeled by different roughness for every incident angle. It
points to the presence of thin interface layer showing an anisotropic behaviour. This layer could
originate from manufacturing process, where some dopant diffused into the glass or it could be a
damaged layer created during polishing of the glass. However, this effect is very small and does
not effect following measurements.
5.2 Sn - 110 nm
Next, the 110 nm thick Sn layer was analyzed. This sample is thick enough, for all the light
to be absorbed, so the back and the front side of the sample has only one common parameter
influencing its response, the Sn dielectric function. Furthermore, Sn layer thickness does not
need to be fitted, as its value does not change the optical response of the system. However, the
problem with this sample is a big surface roughness and surface oxidation. The AFM results
showed 31 nm roughness (figure 5.5), which is beyond the correct applicability of EMA roughness
approximation.
Many different models were tested, simple Sn/Roughness, Sn/SnO2/Roughness, EMA con-
sising of Sn/SnO2 etc. The best fit was achieved while using a model incorporating intermix
layer between Sn and SnO2 layers and surface roughness on top (figure 5.6). The Sn optical
constants were fitted using B-Spline model with tabulated initial values [9]. For the SnO2 layer
the dielectric function provided in CompleteEase software was used (figure 5.8b). Fitted param-
eters with their results can be seen in figure 5.6 and the resulting MSE was 7,955. The obtained
dielectric function (figure 5.8a) is more realistic in energy region up to 4 eV, where the glass
substrate starts to absorb and the light no longer reaches the Sn layer in the glass-side reflection
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configuration (can be seen in figure 5.7b as the big shift in the data around 4 eV). However, even
below this region the data are higly correlated as the thick oxidized roughness is at the limit of
EMA models.
Figure 5.5: Sn - 110 nm AFM results
Figure 5.6: Sn - 110 nm multilayer model
While using substrate constants characterized in previous section the depolarization data
(figure 5.9) showed variation between measured and generated data. These data are influenced
only by two factors, the substrate dielectric function and its thickness. As the thickness would
have to change by 0,5 mm to account for the data, the dielectric function of the glass has to
vary from the previous measurement. By fitting the Tauc-Lorentz parameters a good match was
achieved. This shows that provided glass has slightly different properties than the glass used for
Sn layers deposition. Here obtained substrate‘s dielectric function was later used for all other Sn
samples. Both dielectric functions are compared in figure 5.10.
43
Figure 5.7: Sn - 110 nm multilayer fit
(a) NCS elements front-side fit (b) NCS elements glass-side fit
Figure 5.8: Sn and SnO2 dielectric functions
(a) Sn fitted by B-spline (b) SnO2
Figure 5.9: Sn - 110 nm multilayer glass-side depolarization fit
(a) Depolarization fit using the dielectric func-
tion of provided substrate
(b) Depolarization fit using fitted dielectric
function
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Figure 5.10: The dielectric function of provided substrate and fitted dielectric function compar-
ison
5.3 Sn - 50 nm
Again, many different models were tested as for 110 nm layers. The best fit was obtained
for similiar model as was used for 110 nm layer (figure 5.11) and the same parameters were
fitted. In this case, the light penetrated through the sample. The Sn thickness had to be added
as a fitted parameter, what resulted in higher correlation between the fitted parameters. The
same dielectric functions of SnO2 layer and substrate are used. Intermix layer between Sn layer
and substrate was fixed, due to high correlation with other data and its value was chosen by
experience with different fits. The Sn dielectric function needed to be fitted again (figure 5.14b).
Similiar trend was also observed with thinner layers and is discussed later. It appears that
dielectric function of Sn changes with changing thickness of material. The model resulted in
MSE 7,147 and fitted parameters with their results can be seen in figure 5.11.
Figure 5.11: Sn - 50 nm multilayer model
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In figure 5.12a we can see that calculated data fits well for lower energies, but starts to
diverge around 5 eV. This is the same effect observed at 110 nm thick layer and again shows
smaller sensitivity of the model at region, where the substrate starts to absorb. Data from the
front-side of the sample still did not show any depolarization (figure 5.12b). The data obtained
from the glass-side of the sample showed a good fit (figure 5.13) The transmission data did not
match the data well (figure 5.14a), however the transmitted intensity was very small and very
sensitive to even small changes in the fitted parameters. The better fit could be obtained by
weighted fit, but this resulted in substantial increase of MSE.
Figure 5.12: Sn - 50 nm multilayer front-side fit
(a) NCS elements fit (b) Depolarization fit
Figure 5.13: Sn - 50 nm multilayer glass side fit
(a) NCS elements fit (b) Depolarization fit
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Figure 5.14: Sn - 50 nm transmission intensity fit and dielectric function
(a) Transmission intensity (b) Sn - 50 dielectric function
5.4 Sn - 20 nm
The same model (figure 5.15) and same fit parameters showed the best fit again. Fitted
values can be seen in figure 5.15. MSE was 8,982. Sn thickness is now small enough to allow
depolarization even from the front-side of the sample and the model fits relatively well with the
measured data (figure 5.16b). In the case of 110 and 50 nm samples the glass-side reflection data
were very similar, however now they start to change and they become sensitive even to oxidized
surface layer (figure 5.17a). The Sn dielectric function had to be fitted again (figure 5.18). For
this sample the transmission data were not measured and are not available for analysis.
Figure 5.15: Sn - 20 nm multilayer model
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Figure 5.16: Sn - 20 nm multilayer front-side fit
(a) NCS elements fit (b) Depolarization fit
Figure 5.17: Sn - 20 nm multilayer glass side fit
(a) NCS elements fit (b) Depolarization fit
Figure 5.18: Sn - 20 dielectric function
5.5 Sn - 10 nm
The same model (figure 5.19) showed the best fit again and its MSE was 8,227. The surface
roughness fit showed 3,96 nm. It is thin enough, for an EMA model to be accurate. However, the
fit showed 24,94 nm Sn thickness (figure 5.19), which varies substantially from the nominal value.
Similiar trends in the data behaviour as were observed in the 20 nm thick sample continues and
fits very well (figure 5.20 - 5.22) with the model. The depolarization from the front side of the
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sample increased (figure 5.20b) and the glass-side data were even more sensitive to the surface
layers (figure 5.21). Transmission data (figure 5.22a) fitted well. The Sn dielectric function
changed again (figure 5.22b).
Figure 5.19: Sn - 10 nm multilayer model
Figure 5.20: Sn - 10 nm multilayer front-side fit
(a) NCS elements fit (b) Depolarization fit
Figure 5.21: Sn - 10 nm multilayer glass side fit
(a) NCS elements fit (b) Depolarization fit
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Figure 5.22: Sn - 10 nm transmission intensity fit and dielectric function
(a) Transmission intensity (b) Sn - 10 dielectric function
5.6 Discussion
The multilayer optical model used for the data analysis is not ideal representation of the
oxidized surface roughness and high correlation between the data is present. However, the data
fits relatively well, especially for energies up to 4 eV, where the substrate starts to absorb and the
glass-side data are no longer sensitive to higher layers. The data shows a systematic change of Sn
dielectric function as a function of the layer thickness (figure 5.23). This behaviour corresponds
to the presence of different phases of Sn [17]. The dielectric function of 10 nm thick layer is
characteristic by its interband transition around 2,4 eV corresponding to the semiconducting
α-Sn, whereas the dielectric function of 110 nm sample is similar to the bulk β-Sn behaviour [9].
However, the transition between α and β phase is not clear. More complex models, incorporating
different growth mechanisms by EMA and graded layers were tested, but no good fit was achieved.
For further study, more samples, preferably stored in protective atmosphere to deny surface
oxidation, would be needed.
Figure 5.23: Comparison of Sn dielectric functions
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6. Anisotropic BBO crystal
BBO (low-temperature β phase of BaB2O4) is nonlinear optical crystal widely used in non-
linear optics. It has trigonal crystal structure and belongs to R3c space group. It is manufactured
using top-seeded solution growth (TSSG) technique [19]. BBO crystals have a number of advan-
tages for many applications in nonlinear optics. They have wide transparency optical region (189
- 3500 nm), broad phase-matching range, large nonlinear coefficients and high damage thresh-
old [18]. Due to their optical properties BBO crystals are used for fourth and fifth harmonic
generation of Nd-based laser systems, SHG of tunable Ti:sapphire lasers, optical parametric
oscillators etc.
BBO crystals have negative unixial optical symmetry. It is described by sellmeier equation
(λ, µm) in the following way
n20 = 2, 7366122 +
0, 0185720
λ2 − 0, 0178746
− 0, 0143756λ2 (6.1)
n2e = 2, 3698703 +
0, 0128445
λ2 − 0, 0153064
− 0, 0029129λ2 (6.2)
Figure 6.1: BBO dielectric function
In this part of my thesis I calculated reflection coefficients of BBO/Air interface using Yeh‘s
matrix method for special alignments of optical axis and then created a program using MATLAB
software to calculate reflection coefficients for general rotation of the crystal.
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6.1 Optical axis aligned with z-axis
The total matrix M of the interface will be given by
M = [DAir]
−1
DBBO (6.3)
where
DAir =


1 1 0 0
n cosα −n cosα 0 0
0 0 n cosα n cosα
0 0 −n n


(6.4)
The crystal electric field in the crystal is described by following equaion.

ε0 −N
2
y −N
2
z 0 0
0 ε0 −N
2
z NyNz
0 NyNz εe −N
2
y




E0x
E0y
E0z

 = 0 (6.5)
To calculate propagating eigenmodes
det() = (ε0 −N
2
y −N
2
z )[(ε0 −N
2
z )(εe −N
2
y )−N
2
yN
2
z ] = 0 (6.6)
Nz1,2 = ±
√
ε0 −N2y (6.7)
Nz3,4 = ±
√
ε0(εe −N2y )
εe
(6.8)
e1 =


1
0
0

 b1 = N1 × e1 =


0
Nz1
−Ny

 (6.9)
e2 =


1
0
0

 b2 = N2 × e2 =


0
−Nz1
−Ny

 (6.10)
e3 =


0
εe −N
2
y
−NyNz3

 b3 = N3 × e3 =


−εeNz3
0
0

 (6.11)
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e4 =


0
εe −N
2
y
NyNz4

 b4 = N4 × e4 =


εeNz3
0
0

 (6.12)
With e and b vectors calculated the dynamic matrix of BBO crystal can be constructed.
DBBO =


1 1 0 0
Nz1 −Nz1 0 0
0 0 εe −N
2
y εe −N
2
y
0 0 −εeNz3 εeNz3


(6.13)
Now, the total matrix of the interface is known and by using (2.60 - 2.63) reflection coefficients
can be calculated.
Figure 6.2: The calculated reflectivity of Air/BBO interface, optical axis aligned with z-axis
6.2 Optical axis aligned with y-axis
The same approach is used to calculate reflection coefficients of y-axis alignment. However,
this time the homogenous equation is in form

ε0 −N
2
y −N
2
z 0 0
0 εe −N
2
z NyNz
0 NyNz ε0 −N
2
y




E0x
E0y
E0z

 = 0 (6.14)
and
Nz1,2 = ±
√
ε0 −N2y (6.15)
Nz3,4 = ±
√
εe(εe −N2y )
ε0
. (6.16)
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Figure 6.3: The calculated reflectivity of Air/BBO interface, optical axis aligned with y-axis
6.3 Optical axis aligned with x-axis
The same approach is used once again to calculate reflection coefficients of x-axis alignment.
The homogenous equation takes form


εe −N
2
y −N
2
z 0 0
0 ε0 −N
2
z NyNz
0 NyNz ε0 −N
2
y




E0x
E0y
E0z

 = 0 (6.17)
and
Nz1,2 = ±
√
εe −N2y (6.18)
Nz3,4 = ±
√
ε0 −N2y . (6.19)
Figure 6.4: The calculated reflectivity of Air/BBO interface, optical axis aligned with x-axis
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6.4 General alignment
We can see that in the case of alignments, where the optical axis is aligned with a coordinate
axis, the rsp and rps coefficients vanish, however eigenmodes experience different index of refrac-
tion every time. This fact is very useful during the data analysis. When the cross-polarization
coefficients vanish, non-diagonal elements of Mueller matrix also vanish. This realization can
be very helpful while determining the orientation of optical axis. At general orientation of the
crystal, the cross-polarization coefficients do not vanish and their behaviour will influence ellip-
sometric response. Upon changing the angle of incidence coefficients also change and they will
produce slight shift in the ellipsometric data. Upon rotating the sample the reflection coefficients
also change, however they will show a periodical behaviour. Calculated coefficients then can be
used to construct Jones and corresponding Mueller-Jones matrix.
Figure 6.5: The calculated reflectivity of Air/BBO interface, φ = 90◦, θ = 29◦, ψ = 40◦
Figure 6.6: The calculated reflectivity of Air/BBO interface, φ = 90◦, θ = 29◦, ψ = rotated,
angle of incidence 40◦
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6.5 Measurement
The measurement was carried out on the BBO-605H sample [18]. It is 2 mm thick BBO
crystal with θ = 29, 2◦, φ = 90◦ orientation. Instead of the created MATLAB program, the
CompleteEase software was used for the data analysis, due to the presence of more complex
phenomena. First, the transmission was measured. In the figure 6.7, we can see dense interference
in the data, typical for anisotropic materials, resulting from the phase difference of propagating
eigenmodes and following polarization conversion at the second interface.
Figure 6.7: BBO Mueller matrix - transmission data,
We can observe 2 phenomena. First, the amplitude of oscillations decreases with increasing
energy. This is due to the finite bandwidth of the light detector and can be modeled in the
CompleteEase software. Then there is a change in the trend of amplitude behaviour of the
oscillations around 1,2 eV. This corresponds to the change of the CCD camera used during the
measurement, which has different bandwith then camera used for higher energies. In the figure
6.8, both parts of the spectrum were modeled with different bandwidth parameters. We can see,
that bandwidth 8 nm fits the data well up to 1,2 eV, where bandwidth 2 nm needs to be used.
Only N,C and S elements of the Mueller matrix are shown for better illustration.
By modeling the frequency of oscillations, the thickness and orientation of the crystal was
determined. The thickness was 2,1045 mm, φ = 88◦ and θ = 29, 25◦ (catalog values: 2 mm,
φ = 90◦ and θ = 29, 20◦). The data fitted well as we can see in figure 6.9, however slight
shift was observed when rotating the sample. This is caused by slight variations of the optical
constants, as the oscillations are very sensitive to their value. This time the off-diagonal elements
are chosen to demonstrate the effect.
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Figure 6.8: BBO NCS elements - modeling of different bandwidth
(a) Bandwidth 8 nm (b) Bandwidth 2 nm
Figure 6.9: BBO off-diagonal elements - modeling the frequency of oscillations
(a) Rotation angle = 0◦ (b) Rotation angle = 95◦
The last interesting effect observed is the deviation between the measured and calculated
data for higher energies (around 6,25 eV). This deviation points to the begining of the absorbtion,
which the used Sellmeier model is not able to describe (figure 6.10).
Figure 6.10: BBO NCS elements - deviation for higher energies
Next, the reflection data were measured. However, the precise behaviour of the sample was
not possible to model, due to the presence of unknown coating. According to the catalog [18],
there are 1 or 2 protective layers to prevent the absorbtion of H2O by the BBO crystal, for
mechanical protection and to act as anti-reflection coating. In the measured data (figure 6.11)
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we can see 2 types of behaviour, the general shape of the curves and oscillations. The general
shape is the result of light‘s interaction with the coating, however the oscillations are result of
cross-polarization interactions during the backside reflection at the BBO crystal and could be
modeled.
Figure 6.11: BBO chosen Mueller matrix elements - reflection data
Without including finite bandwidth of the detector, the oscillations are very dense, as we
can see in figure 6.12. The actual behaviour of the sample is then modeled by including finite
bandwidth. The oscillations are becoming blurry for smaller energies. This effect is the same as
the one observed in transmission data and depends on the bandwidth.
Figure 6.12: BBO M43 element - modeling the backside reflection
(a) Only backside reflection included (b) Backside reflection + bandwidth 2,5 nm
Another interesting behaviour was observed (figure 6.13). At rotation 0◦, the top off-diagonal
elements oscillates, while the bottom off-diagonal elements appears to vanish. At rotation 180◦
they switch, the top elements vanishes, while the bottom elements oscillates. This behaviour was
modeled by the orientation of the crystal where φ = 88◦. The elements only appear to vanish,
due to the inaccuracy of the measurement. This also confirms the observed orientation of the
crystal during transmission measurement. It varies around 2◦ from the catalog value.
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Figure 6.13: BBO Mueller matrix - vanishing of the off-diagonal elements
(a) Measured data
(b) Measured and generated data
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7. Conclusion
In this thesis the spectroscopic ellipsometry was used to characterize special samples. In
the second chapter, the mathematical description of polarized light and its transformation by
the sample was shown. Jones and Mueller calculus were presented. The behaviour of light in
an anisotropic medium was described and the 4 × 4 matrix formalism was demonstrated as a
method to calculate response of an anisotropic layered system. In the third chapter the Mueller
matrix ellipsometry and general approach in data analysis were described. Different dielectric
function models used during the data analysis were then presented and in the last section of the
third chapter the depolarization modeling and its causes were discussed.
For the experimental part of this thesis, the Au/Cr/SF-10, Sn layers on glass substrate and
anisotropic BBO crystal samples were measured with RC2 Woollam ellipsometer and analysed
using CompleteEase software. For Au/Cr/SF-10 sample, the substrate was analyzed first using
simultaneous fit of the front-side reflection, glass-side reflection and transmission intensity data.
The analysis showed different surface roughness from both sides, this was confirmed by AFM. The
same process was repeated for the actual sample. The Au dielectric function was fitted using
different models and results were compared (figure 4.5, figure 4.9, table 4.3). The calculated
structure agreed with expectations.
For the Sn layers, the substrate was again analyzed first. I had in my disposal dielectric
function of the substrate analyzed by different laboratory, however the data did not fit the actual
glass and the dielectric function was fitted to better match the data (figure 5.4). Furthermore,
during the analysis of the actual samples, data showed, that glass used as substrate for deposition
of Sn was slightly different from the one provided (figure 5.9 and 5.10) and was fitted again. Then
the samples were analysed. Simultaneous fits of the front-side reflection, glass-side reflexion and
transmission intensity were conducted for all samples. The model showed relatively good fit, even
though the oxidized surface rougness was present. However, the Sn dielectric function changed
with thickness (figure 5.23). This was due to the presence of α and β phases of Sn. The more
complex models incorporating EMA composing of both phases or graded layers were tested,
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however they did not match the measured data.
Last, the BBO crystal was analyzed. The reflection coefficients for different crystal orienta-
tions were calculated and the MATLAB program able to calculate sample‘s reflection in general
orientation was created. However, for actual data analysis the CompleteEase software was used,
due to the presents of backside reflection and more complex phenomena. The transmission of
the sample was measured and then succesfully modeled (figure 6.8 - 6.10). Then the reflection
data were measured and analyzed. There was a problem with an unknown protective coating
influecing the shape of the measured data. Even though the precise behaviour of the sample
was not possible to model, the typical effects caused by anisotropic BBO crystal were succesfully
modeled (figure 6.12 - 6.13).
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